Let A be an operator in a Hubert space and let u(t) be in the domain of A for each tE [0, °°). Assuming u is strongly differentiable, Au strongly continuous and du/dt strongly piecewise continuous, all with respect to t, we define du (1) Lu =-Au. 
They proved that if <pELp(0, <») for some p with 1 ^p^2, then any solution of (2) Theorem. Suppose A is symmetric and let u be a solution of (2).
(i) If <pQLp(0, oo) for some p with 2 ¿p¿ », then
(ii) If<t>(t)¿K(t+l)", a>0, then
In each case, X 45 a constant depending on u, while p is a constant depending only on <p.
Proof. Assuming | u(t) \ 9¿0 for all 12:0, we first note from (1) and the hypothesis that A is symmetric that on d>. For p = 2 and p = °°, this is an immediate consequence of (6) For 2 <p < », we make use of Holder's inequality to obtain the estimate /V* s (/W)!"(/> so (7) follows from the integration of (6). Applying (7) and (2) to the equation (5), we see that
-log I u(t) I è X -Mt1-2'* -4>(t). for some constant ¡1, (3) follows. For the case (ii), the lower bound (4) is easily verified if we integrate (6) and apply the resulting inequality, together with (2), to the equation (5).
If I w(0) I ¿¿0, the assumption that | u(t) | =^0 for t>0 can easily be shown to be valid. For suppose the contrary, and let i0 be the first point where |«(i)| =0. Then (3) or (4) holds for 0^t<t0, and by continuity the bound also holds at to, thus contradicting | u(ta) | =0.
